. }) ) MexayHapoaHble copeBHOBaHUA «UHTepHeT-Kapycenu»
E‘tgrngt Kapycenb-kpyxok. Matemartuka 8

arusel

2020-2021 y4ebHbIV rog

karunsl dpscry

bsiok 2. [Ipy3HaKu AeJIMMOCTH

IlodzcomoeumeibHOe 3aHsAMuUe

Haitaure uudpy a, ecan yucno 123a56 genurtcs Ha 8.

Kakoit nudpoii Hazio 3aMeHUTD 3BE3409KY B 3anucy yrcaa 123+567, 4To6s! oHO (a) gesu-
Jiochk Ha 3, (6) gesmsock Ha 9, (B) Ipu JieJieHUH Ha 9 jaBasio OCTaTOK 77

YacTo Mosb3yIOTCS YNpOIIeHHBIM NPU3HAKOM JesuMocTH Ha 11: «HatypasnbHOe 4ucio
KpaTHO 11, eciv cymMa 1iudp, CTOAMX HA YETHBIX MeCTaX, paBHa cyMMe LU, CTOSAIINX
Ha HeYE€THBIX MeCcTax». JTO BePHOe YTBEePXKJeHHe, HO He JII060e YK CI0, KpaTHoe 11, MOXKHO
OIpesieJINTh [0 3TOMY NIPU3HAKY.

(a) YxaxxuTe HaTypaJbHOe YUCJIO0, KpaTHOe 11, KOTOpoe He OAXOJUT 10/ 3TOT IPU3HAK.
(6) HatiiuTe HaMMeHblIee TaKOe YUCIIO.

Hal;'l,E[HTe HauWMeHbllee YUCJI0, KpaTHOe 45, AeCATUYHadA 3alluCb KOTOPOro COCTOUT TOJILKO
U3 eAUHUL U Hyneﬁ.

Kakwue octatku faet uncso 10...0 mpu fesieHnu Ha 11 ecnu y Hero (@) 4eTHOe YUCIIO HyJIeH,
(6) HeueTHOe YuCIIO HyIei?

3anumuTe HeCKOJIbKO pa3 noAapsz yucao 2019 Tak, 4To6bI MOTyYUBIIEeecs YUCJIO0 Jed-
Jock (a)Ha 9, (6) Ha 11.

CKOJIbKO ].HeCTépOK MOJKET ObITh B KOHI€ 3aIllMCU KBaZpaTa HATYypaJbHOI'O yucaa?

Boruncanau cymmy uudp yuciaa 2020!, paBHOro npou3BeieHUIO BCeX HATYpPabHbIX YK Cel
oT 1 10 200. Y noJiyueHHOTO YK CJIa CHOBA BbIYUCIUIU CyMMY ero uudp, ¥ Tak Jajee [0 Tex
1op, oKa He MOJIyYnJIoCh OAHO3HAYHOe yucao. HaliinTe aTo ofHO3HAYHOE YU CIIO.

(a) BepHo sy, uTo unco 22...22 (Bcero 27 1BOeK) AeaUTCs Ha 277

(6) [lokaxxuTe, YTO He BepeH NPU3HAK AeJUMOCTH Ha 27, aHaJIOTUYHbIH NPU3HaKaM Je/lu-
MOCTU Ha 3 4 9.

(B) HaiijuTe HauMeHblllee HATYpaJbHOE YUCJIO0 C CyMMOU nudp, KpaTHOHU 27, KOTOpPOe He
aenutcs Ha 27.

CyLecTByeT JIM YU CJI0, cyMMa Udp KoToporo paBHa 11, koTopoe okaHYMBaeTcs [udpamu
11 u genurcss Ha 117

B kiieTkax Ta6auLbl 5 x 5 CTOAT HeHyJieBble HUPHL. JJsl KaKI0U CTPOKU PacCMOTPUM
YHCJIO, COCTaBJIeHHOE U3 LU}p 3TOH CTPOKHU B NOpPsJIKE U3 C/IeJJOBAaHUS CJIeBA HANpPaBO.
J1s1 KaXKJ0ro cToJI61a paCCMOTPUM YHUCJI0, COCTaBJIeHHOE U3 LUdp 3TOro cTo/161a B Mo-
pAZiKe M3 CIeloBaHUA CBepXy BHM3. [losrydnn fecATb NATU3HAYHBIX Yuces. MoxeT Jiu
0Ka3aThCs, YTO U3 BCEX ITUX YHCeJ POBHO OJJHO He AenuTcd (a) Ha 3, (6) Ha 117
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9. [Ilyctb A, B — [Ba pas/IMUHbIX CEMU3HAYHBIX YHUCJIA, KOK/I0€ U3 KOTOPbIX COCTaBJIEHO U3
Bcex uudp ot 1 g0 7. lokaxkuTe, 4To A He JleIUTCs Ha B.
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bsiok 2. [Ipy3HaKu AeJIMMOCTH

IloozcomoeumesibHOe 3aHsIMUe. YKka3aHus, omeemul U peuieHus

B Hayase 3a"sATHA pexoMeHayeM BCIIOMHHUTD IPU3HAKU NEeJIUMOCTH, OGCY,C[I/ITI: €ro UcCIoJb30-
BaHHeE, 0606H.[I/1Tb A0 npuHyuna pagHoocmamovHocmu.

B Cy4ae He[OoCTaTKa BpeMeHH, MOXHO A0 MHTEPHET-KapyceJiu pacCMOTPETb 6e3 AOKa3a-
TeJIbCTB CaMH (I)aKTbI (HpI/ISHaKI/I AE€JIMMOCTH U NIPUHIUITbI paBHOOCTaTO‘{HOCTI/I) " COOTHOLIe-
HUA MEeXYy HUMHY, a TaKXe O6Cy,C[I/ITb npeayjioKeHHbIe 3aJa4u. [Tocne COpPEBHOBAHHUA MOXHO I10-
CBATUTDb A0KA3aTE€JIbCTBAM OTAEJIbHOE 3aHATHE.

e ByjeM npuMeHSTh CTaHAAPTHbIEe 0603HaYeHUs: k-3HaYHOe HATYpaJbHOE YUCJIO 3aIUChI-
BaTb KaK Qi_10k_ - A10g (Ag—1, Ag—2, -, A1, Qg — BUOPHL, a;_q, # 0). Takxke ecau a, b
— /IBa HaTypaJIbHBLIX YHC/IA, TO b — HATypaJbHOE YHCIIO, 3aITHCh KOTOPOTO TOJIyYaeTCs
nocJieJ0BaTeJbHOH 3anuchlo ynces a, b apyr 3a apyrom. Hanpumep, ecin a = 12,b = 34,
T0 ab = 1234.

e [IpusHaku deaumocmu. He TpyAHO BCIOMHUTB CTaHAAPTHbIE MPU3HAKH JeJTUMOCTH Ha 2 U
Ha 5, Ha 4 v Ha 25, Ha 8 1 Ha 125. Hanpumep, npusHak geauMocTy Ha 4 (uaum 25) 3By4uT
Tak: «Ecin 4ucio, o6pa3oBaHHOEe ABYMs NMOCJIEJHUMH LHU(paMH HATYpaJbHOIrO 4YMCIa
KpaTHO 4 (w1m 25), To caMo HaTypaJibHOe YHCI0 KpaTHO 4 (nin 25)». /loka3aTenbCTBO
3Toro GakT He CJOXKHO: eC/IM N = Aa; a4, (T/le @ — 3anucb HEKOTOPOTO HATYypPaJbHOTO
4ucaa, a;, ag — uuopsl), To n = 100a + a;ay; Tak kak 100a kpatHo 4 (uau 25), To U3
JeJIMMOCTH Ha 4 (niu 25) yucia a, a, cjieayeT AeJUMOCTb Ha 4 (i 25) yucna n.

AHaJIOTUYHO CTPOSITCS 0Ka3aTe/IbCTBA NPU3HAKOB JIeJIMMOCTH Ha 2 M Ha 5, Ha 8 1 Ha 125
(Haz0 BBIAEIUTD YUCJI0, 06pa30BaHHOE TPeMSs NOCAeJHUMU LUPpaMHU), a TAKXKe Ha JH0Oble
CTelneHu Yyuces 2 u 5.

e  Haiipute nudpy a, ecnu yucio 123a56 genvrcs Ha 8.
OtBeT: 0, 2,4, 6 unu 8.

Pewmenue. CorsiacHo cgolicmgy 4rcjia, KpaTHOTo 8, 4uciio a56 AoIKHO JeUThCs Ha 8.
Tak kak 56 kpaTHO 8, To a00 = 100a AOKHO AeNTUTbCA Ha 8, YTO BBIMOJHEHO MPU
060 4yéTHOU Ludpe a.

L CgenaeM /ABa BAXXHbIX 3aMe4YaHHA.

(1) O6b1YHO, yKa3aHHAs 3AKOHOMEPHOCTD UCIOJIb3YEeTCS HE TOJBKO KaK npusHak (13 yero-
TO CJIeAyeT JeJUMOCTb YMCa), HO ¥ KaK c80licmeo Yrcia (ec/ii YUCJI0 KPAaTHO, TO YTO-TO
HM3BECTHO NPO ero qudpsol).

(2) U3 npuBeeHHOrO BhIlle J0Ka3aTeJbCTBA CeAyeT Gosiee 061U GaKT, KOTOPBIH 6y-
JleM Ha3blBaTb NPUHYUNOM pagHOOCMamovHocmu: «JIro60e HaTypaJbHOE YHUC/IO U YUCIIO,
06pa3oBaHHOE €ro JAByMs NOCJAeAHUMH LUdpaMHy, JAIOT paBHbIE OCTAaTKH NPU JeeHUH
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Ha 4 (uau Ha 25)». [leficTBUTENBHO, Pa3HOCTb N — a; 4y = 100a kpaTHa 4 (uau 25), no-
3TOMY N U @; Gy JAIOT PaBHbIE OCTATKU NPH JeJleHUuH Ha 4 (1 Ha 25).

e  AHasoruyHo GopMyJUpyOTCs GaKThI O AeJUMOCTU Ha 9 (11u Ha 3).

IIpuHyun pasHoocmamoyHocmu Npu JeneHud Ha 9 (uwau Ha 3): «JIlo6oe HaTypasbHOE
YHUCJIO M CyMMa ero LUdp AA0T paBHble OCTATKH IPU JleJIeHUH Ha 9 (1u Ha 3)».

0603HayuM cymma nudp HaTypasbHOro yucia n kak s(n). Jlrn6oe HaTypasbHOE YHUCIO
MOJKHO IPeJICTABUTh B BU/I€ CYMMBI YHCJIa, KPaTHOTO 9 (Wu 3), U CyMMBI ero Hudp:

n=Gg_1..0;8.00 = 10 Yap_; + -+ 10a; + ag =
= ((10k_1 - 1)ak_1 + ak_l) + -+ (9a1 + al) +ay =

=99..99-a,_; + -+ 9a; +s(n) =9m + s(n).
k—1uudp

3HayMUT, YUCJI0 N U cyMMa ero uuop s(n) Aar0T 0JUHAKOBbIE OCTAaTKH MPH JleJIeHUU Ha 9
(nu Ha 3).

e  Kakoii nudpoii HaZo 3aMeHHUTD 3BE3/109KY B 3anucy ynucaa 123+567, 4To6b! oHO (a) fgesu-

Jiochk Ha 3, (6) gesmsock Ha 9, (B) Ipu JieJieHUH Ha 9 jaBasio OCTATOK 77
OtBet (a) 0,3, 6 wn 9, (6) 3, (B) 1.

Pemenne. CyMMa JJaHHBIX eCTH nUdp paBHa 24, oHa KpaTHa 3. /l1s1 AestuMocTH Ha 3
3Be3/J0YKY Ha/l0 3aMeHUTb OUPOH, KpaTHOH 3, To ecTh 0, 3, 6 miu 9. [l gesumoctu
Ha 9 HyXHO cAesiaTb cyMMy Ludp 27, 3Be3/104Ky HaZlo 3aMeHUThb nudpoi 3. YTo6bl
YHCJIO JaBajio OCTAaTOK 7 MpH JleJIeHUH Ha 9, HY)KHO cZieJlaTb U3 CyMMbl 24=2-9+ 6
cymMmy 2 - 9 + 7, 3Be3/104Ky HaZlo 3aMeHUTb nudpoi 1.

o  CrnoxHee popmysrpoBKa GpakToB o gesMocTy Ha 11. Paccmotpum 2 daxra.

Ipunyun Ne 1 pasHoocmamo4Hocmu npHu JejeHuH Ha 11: «/Iro6oe HaTypa/bHOE YHCJI0 U
CyMMa 4uces1, 06pasyolMX IPyHIbl 0 ABe LUl (HauMHasA C eAUHUL), JAIOT PaBHbIE
OCTaTKH NpH AesleHUH Ha 11». HampuMep, oJUH U TOT )K€ OCTAaTOK IpH AesieHUH Ha 11
fgaroT yucyao 103785 u cymma 10 + 37 + 85, yncso 12345 u cymma 1 + 23 + 45.

ﬂeﬁCTBHTeﬂbHO, MOXHO ITPOBECTU PACCYyXAEHHUA, aHAJIOTUIHbIE C JeJIMMOCTbIO Ha 9:

n = dy_; —az0,09 = -+ 10*aza, + 100aza; + a;a, =

= (..+9999asa, + 99a3a,) + (.. + asa, + aza; + a1 ap).

OcTaéTcs 3aMeTUTh, YTO NlepBast ckob6ka KpaTHa 11, Tak Kak Jit060e YHUC/I0, COCTaBJIeHHOe
M3 4ETHOI0 YMC/Ia OJUHAKOBBIX LUD, KpaTHO 11.

Ipunyun Ne 2 pagHoocmamo4yHocmu npu AejieHUH Ha 11: «J/Ilo60e HaTypa/bHOE YUCIO0 U
pa3HOCTb CyMM LHUp, CTOAIMX HAa HEYETHBIX MecTax (1-4, 3-4, ... C KOHIIA) ¥ Ha YETHBIX
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MecTax (2-4, 4-4, ... CKOHI}A), JalOT paBHbIe OCTATKU IPU AejieHuH Ha 11». Hanpumep, oAuH
Y TOT Ke OCTaTOK NpH JeseHud Ha 11 garoT yncao 54321 u pa3HocTb (1 + 3 +5) - (2 + 4).

Yrto6bl npeBpaTUThb NpuHuun N2 1 B npuHuun N2 2 0CTaTOYHO 3aMETUTh, YTO B CYMMe
yuceJ1, 00pa3yoIMX IPynnsl Mo Ase LUpbl (HauMHAA C eAMHHUL), KaxAoe claraemMoe
MOXXHO 3aMEHHUTb Pa3HOCTBIO BTOPOW U mepBoi nudp. JeHcTBUTENbHO, U3 TOXAECTBA
ab = 11a+ (—a + b) cnenyert, uto ab u (—a + b) AaOT paBHbIE OCTATKH NPH JeJeHUU
Ha 11.

YacTo mosib3yI0TCA YIPOLeHHBIM NPU3HAKOM JearuMocTH Ha 11: «HaTypanbHoe yucio
KpaTHO 11, eciu cymMa nudp, CTOSALIMX HA YETHBIX MeCTax, paBHa CyMMe LU}p, CTOSIIHNX
Ha HeYETHBIX MeCcTax». ITO BepHOe YTBepK/IeHHe, HO He JII060e YHUCJIo, KpaTHoe 11, MOXKHO
OIIpe/ie/IUTh 110 3TOMY IIPU3HAKY.

(a) YxaxkuTe HaTypaJbHOE YHUCJIO, KpaTHOe 11, KOTOpOe He MOAXOAUT MOJ, ITOT IPU3HAK.
(6) HaliiuTe HauMeHblIee TaKOe YUCIIO.
(6) OTBeT: 209.

Pemenue. Bce aBy3HauHble 4MCJIA YIOBJETBOPSAIOT NMpU3HaAKy. Eciu Tpéx3HauHOe
guciao abc xpatHo 11, To @ — b + ¢ geautcs Ha 11. HyxHo, 4To6el a — b + ¢ # 0,
HMHaue cpaboTaeT ynpoleHHbId npusHak. OueBugHo, —8 < a — b + ¢ < 18, moaTomy
HY>XHO HCKaTb Takue UopbL, 4To a —b + ¢ = 11. Torga a+c = 11, oTkyja a = 2.
Ecina =2, t0b = 0,c = 9, uckoMoe HauMeHb1Iee Yucio 209.

3aaa‘m AJIA CAaMOCTOATEJIbHOI'O pelIeHH .

HaiianTe HaMeHblIee YUCI0, KpaTHOe 45, lecITUUHAsA 3aMiCh KOTOPOT0 COCTOUT TOJIBKO
W3 eIUHUIL] U HyJIEH.

OTtser: 1111111110.

Pemienue. Yucsio kpaTHO 45, ec/ii OHO KPaTHO KOXKJO0MY U3 ABYX B3aUMHO MPOCTbIX
gyuces: 9 u 5. Tak KaKk UCKOMOe YUCJIO JIeJIUTCS Ha 9, To ero cymma 1udp Ao/KHa Je-
JuThcs Ha 9. CiieJoBaTebHO, KOJIMYECTBO €JUHHUL] B KICKOMOM YKCJIE KPATHO JI€BSITH.
Yucso, KpaTHOE MSTH, MOXKET OKaHYMBAThCs Ha 0 WM Ha 5, HO BTOpOU ciiyyail HeBO3-
MOXKEH 110 yCJI0BUI0. TaKUM 06pa30M, HICKOMOE YUCJI0 JJOKHO COIePKaTh 9 e JUHUL U
OKaHYMBAThCS HYJIEM.

Kakue octaTku faeT yucno 10...0 npu fesieHud Ha 11 ecin y Hero (a) Y4€THOE YUCJI0 HYJIEH,
(6) HedyeTHOE YUCIIO HYJIeH?

OTseT: (a) 1, (6) 10.

Pewenue. [To npuHnuny N2 1 paBHOOCTaTOYHOCTHU NPHU JleJlIeHUHU Ha 11, nepBoe yucio
JaéT TaKoM ke ocTaToK, Kaku 1+ 0+ ...+ 0 =1, BTopoe —kak 10 + 0 + ... + 0 = 10.
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3. 3anuiuuTe HECKOJIbKO pa3 nojpsz yuciao 2019 Tak, YTOObI MOJIYYUBIIEECS YUCAO Aesu-
Jock (a)Ha 9, (6) Ha 11.
(a) Pewenue. JloctatouHo yucno 2019 3anucate 3 pasa nofpsiz. Torga cymma uudp
oynet paBHa 12 - 3 = 36, 4yTo fesnuTcs Ha 9.
(6) Pewenue. JoctaTouno uyuciao 2019 3anucats 11 pa3 nofpsiz. Torja pasHocTb
MeXxJy CyMMaMu LIUdp Ha HEYETHBIX U YETHBIX MecTax 6y/JieT paBHa 66, 4TO JeJIUTCA
Ha 11.
4. CKOJIbKO IIECTEPOK MOXKET GbITh B KOHIIE 3allMCH KBaJjpaTa HaTypaJbHOro 4uc/iaa?
(a) OTBet: 0 nm 1.
Pemenue. BpIBaloT KBaJpaThl LieJIbIX YKces1 6e3 [udp «6» B KOHILE UJIM TOJBKO C OJ-
HOU Takol 1udpoit. Hanpumep, 25 u 36.
Ecsiu KkBazpaT 1jeJ1oTo 4Kc/ia OKaHYUBAETCS Ha ...66, TO OH JIesIUTCs Ha 2 (110 CBOMCTBY
JIeJIMMOCTH Ha 2), HO He JieJuTca Ha 4 (1o CBOMCTBY eJMMOCTH Ha 4), 4TO HeBO3-
MO>KHO.
5. Berawucanau cymmy nudp yrcaa 2020!, paBHOTro Mpou3BejeHUI0 BCeX HATyPaIbHbIX YK CEJT
ot 1 1o 2020. Y mosiy4eHHOTro0 YKcjia CHOBA BBIYUCIUIN CYMMY ero nudp, ¥ Tak jJajuee [0
TeX 0P, NOKa He MOJIyYHJIOCh OJHO3HAYHOe yHuciio. HaliinuTe aTo 0JHO3HaYHOE YU CIIO.
OTBeT: 9.
Pemenue. Yucno 2020! kpaTtHO 9, moaToMy ero cymma 1juép geaurtcs Ha 9. Torga u
cyMMa 1udp noJydyeHHOro YMC/a Takke KpaTHa 9, U Tak Aasee. ByayT nosy4aTbcs
TOJIBKO 4YMCJIA, AesIirecs Ha 9. 3HAaYUT, MOXKeT MOJyYUThCs O4HO3Ha4YHOe yucao 0
nian 9. OcTaéTcs 3aMeTUTh, 4TO YKca0 0 MoyYUThCs He MOXKET, TaK Kak cyMMa LU
J1I060r0 HaTypaJbHOIO YKc/a 60JIbLIe HYIS.
6. (a) BepHo sy, yTo yucao 22...22 (Bcero 27 BoeK) AeauTcs Ha 277
(6) lokaxkuTe, UTO He BepeH NPU3HAK AeJUMOCTH Ha 27, aHaJIOTMYHbIM NpU3HaKaM Jeu-
MoCTH Ha 3 U 9.
(B) HaiijuTe HauMeHblllee HaTypaJbHOE YUCIO C CYMMOU nudp, KpaTHOHU 27, KOTOpPOe He
aenutcs Ha 27.
Ykaszanue. O6paTuTe BHUMaHHUe, YTO €CJIM YHUC/I0 JeJIUTCs Ha 3 U Ha 9, To He 06s13a-
TeJIbHO JieJIUTcd Ha 3 - 9 = 27 (KOHTpIpUMep — 4YucIo0 9).
(a) OTBeT: BepHoO.
Pemienue. Pa3ioxxuM AaHHOe YHUCJI0 HA TPU MHOXKUTEJIS C/IejyI0LUM 06pa3oM:
22..22=2-11..11=2-11...11-100...001 00...00 1.
27 wTyK 27 WTyK 9 WITYyK 8 ITyK 8 ITyK
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[To npu3HaKy AeJMMOCTHU 2-01 MHOXKUTEJb KpaTeH 9, 3-Uil MHOXKUTeJb KpaTeH 3. 3Ha-
YUT, JaHHOE YMCJIO AeauTcsi Ha 3 - 9 = 27.

(6) Pewenue. JlokasaTb, YTO NPU3HAK He BepeH, MOKHO yKa3aB NPOTUBOpevalluil
npuMep. ITO MOXKHO CAieJIaTh, HAaIpUMep, Tak: uncaa 9945 u 9954 umerot cymmy uudp
27, 0TIM4aTCA Ha 9, 3HA4YMUT, OJJHO U3 HUX He KpaTHO 27.

(B) OTBeT: 1899.

Pemenwue. EcTb ToibKO 0HO 4rcso go 1000, koTopoe nmeeT cyMmy 1udp 27 — 3to
yrco 999, oHo kpaTHo 27. Ciiefytoliee Mo BeJTUIHHE YHUCJI0 € CyMMOH nudp 27 — 3To
1899, oHo He KpaTHO 27.

7. CyuecTByeT JIM 9YUCJI0, CyMMa IIup KoToporo paBHa 11, koTopoe okaHYMBaeTcs udpamu
11 u genurcs Ha 117

OTBeT: He CyLIeCcTBYeT.

Pemenue. PaccMoTpuM cyMMbl n¥p Ha HEUETHBIX M YETHBIX MeCTaX TaKOTO YHCJIa.
PasHocTh MeXAy cyMMaMu He MOXeT GbITh paBHa 0, Tak Kak cymMMa Bcex qudp He-
yéTHa. Kaxxziasg cymMa He MeHee 1, Tak KaK YACJI0 OKaHYMBaeTCs Ha ...11. 3Ha4uT, Mak-
cuMasibHas (1Mo Mofysio) pasHocTb paBHa 10 -1=9. BelBog: pasHOCTb He MOXET
OBITH KpaTHa 11, TO eCTb caMO YMCJIO HE MOXKET JIeJIUThcd Ha 11.

8. B k/eTkax TabaMLbl 5 x 5 CTOAT HeHyJieBble LUGPBL [l KaXKJ0H CTPOKH pacCMOTPUM
YHCJIO, COCTaBJIeHHOe U3 UUdp 3TOH CTPOKHU B MOpAJKe W3 C/eJJ0OBaHUA CJeBa HAIpaBo.
J1s1 KaXk[0ro CcToJ161a paCCMOTPUM YHUCJI0, COCTaBJeHHOE U3 LUdp 3TOro cTo/161a B Mo-
psiZiKe M3 CeloBaHUsI CBEPXY BHU3. [loJIy4uIn AecATh NATH3HAYHBIX Yuces. MoxeT Jiu
0Ka3aThbCs, YTO U3 BCEX ITUX YUCEJ POBHO OZHO He JenuTcs (a) Ha 3, (6) Ha 117

OTBeT: (a) He MOXeT, (6) He MOXeT.

Pewmenue. MoKHO NpeI0I0XKUTD, UYTO €4UHCTBEHHOE YUCJI0, He KpaTHoe (a) 3, (6) 11
[0JIy4eHO U3 Udp 0AHOTO U3 CTOJIGLOB.

(a) Ecnu B cTpoKax HoJIy4eHbl YMC/A, KpaTHbIE 3, TO CyMMa BcexX UUdp B Tabsiule
kpaTHa 3. Ec/iM B 4eThIpEX CTO/IOLAX MOJyYeHbl YUCAa, KpaTHbIE 3, TO CyMMa BCeX
nuop B HUX KpaTHa 3. 3HaYMUT, KpaTHa 3 ¥ cyMMa Lidp B nocieHeM CTo161ie. 3HAYUT,
NocJIeIHEE YUCII0 TAKKe KPaTHO 3.

(6) PackpacuM KJIeTKHU Ta6JIMLbI B YEPHBIN U GesIbld IIBET B LIaXMaTHOM NOPsIZKE, pe-
3y/16MamoM B CTPOKe, B CTOJIOLIE UJIM BO BCeX TabJiMLie HA30BEM PAa3HOCTb MEXAY CyM-
MaMU LUP B YEPHBIX U OeJIbIX KJIETKaX.

Ecsu B cTpokax moJsiy4eHsl 4McIa, KpaTHbIe 11, To pe3y1bmam B KaXA0H CTpOKe Kpa-
TeH 11, a 3HA4YUT, ¥ pe3y1bmam Bcel TabauIbl KpaTeH 11.
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Eciu B 4eTbIpéx cT0/16Lax MOJIy4eHbl YUCJIa, KpaTHbele 11, To pe3ys1bmambsl B HUX
KpaTHbl 11. 3Ha4uT, KpaTeH 11 U pe3ys1bmam B nocjaeHeM CTO0LE. 3HAUUT, IOCTAE] -
Hee YUCJIO TaKKe KpaTHO 11.

9. Ilyctb A, B — JBa pas/jMYHbIX CEMU3HAYHBIX YHCJIA, KAXKJ0€ U3 KOTOPBIX COCTABJIEHO U3
Bcex nUdp oT 1 10 7. JlokaKuTe, YTO A He JIeIUTCA Ha B.
Pemenwue. [lo npyHIHUIY PaBHOOCTAaTOYHOCTH, KQXKJ0€ U3 ITUX YKCEJI NIPU AeJTeHUU
Ha 9 [aéT TOT e 0CTAaTOK, YTO U cyMMa 1 + 2 + ...+ 7 =28, To ecTb ocTaTok 1. Eciin
A=kB, To 2<k<7.Ho Toraa ecnu B gaét ocratok 1, To A = kB gaét octatok k = 1.
[IpoTHBOpeuue.
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